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The proof of the main theorem in the paper Henning et al. (1996) [2] is incorrect as it is
missing an important case. Here we complete the proof by giving the missing case.
© 2010 Elsevier B.V. All rights reserved.
As pointed out by Nawarat Ananchuen andWajananu Kulclung [1], the case when 〈V1〉 is not complete needs to be added
in the proof of the main result, Theorem 3, in [2]. Our aim is to present a proof of this case. We shall follow the notation and
terminology of the proof of Theorem 3 given in [2]. A graph G = (V , E) is 3-(γ , 2)-critical if γ (G) = 3 and γ (G + uv) = 2
for every two vertices u and v at distance 2 apart. Theorem 3 in [2] characterizes the 3-(γ , 2)-critical graphs with maximum
possible diameter, namely 4. In particular, it shows that if a graph G is 3-(γ , 2)-critical with diameter 4, then G is in a family
H of graphs. We present a proof of the case missing from the proof of Theorem 3 given in [2].
Case 2. 〈V1〉 is not complete. It suffices to show that the neighbors of v4 induce a complete graph since then, renaming vertices,
we are back to Case 1 (recall that v4 is a diametrical vertex of G having eccentricity 4). For the sake of contradiction, suppose
that N(v4) is not complete. Then there exist two neighbors y and z of v4 that are not adjacent. By assumption, there are
two neighbors w and x of v0 that are not adjacent. We note that {w, x} ⊆ V1 and, by Claim 2, {y, z} ⊆ V3. By Claim 1, the
vertex v2 dominates V1 ∪ V3. In particular, we note that d(x, y) = 2, and so γ (G + xy) = 2. Hence there exists a vertex v
such that {v, x} → G − y or {v, y} → G − x. On the one hand, if {v, x} → G − y, then v ∈ V3 in order to dominate v4.
But then x dominates V0 ∪ V1, contradicting the fact that w and x are two nonadjacent vertices in V1. On the other hand, if
{v, y} → G − x, then v ∈ V1 in order to dominate v0. But then y dominates V3 ∪ V4, contradicting the fact that y and z are
two nonadjacent vertices in V3. Since both cases produce a contradiction, we deduce that N(v4) induces a complete graph,
as desired, and so G ∈ H . This completes the proof of Theorem 3. 
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